A function u = u(x), x=(xu • ■ • , xn), is said to have bounded mean oscillation on a bounded cube C0 if u(x) is integrable over Co and there is a constant K such that for every parallel subcube C, and some constant ac, the inequality /.
(1) I | u(x) -ac\ dx ^ KRn J c holds, R being the edge length of C. Such functions have been investigated by John and Nirenberg [l] . Their result states that if u(x) has bounded mean oscillation on C0 and satisfies (1) 
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where R0 is the edge length of C0 and B, b are constants depending only on n.
In this paper I show that if u(x) satisfies an inequality of the form (1) with Rn replaced by Rn+e, e>0, then u is Holder continuous with exponent e (this condition is of course also necessary for Holder continuity). Morrey's Lemma then follows as a simple corollary. The method of proof is essentially the same as that of John and Nirenberg and is based on the following decomposition lemma, a proof of which can be found in their paper.
Lemma. Let u(x) be an integrable function on the bounded cube C0 and let s be a positive number such that (2) s^R-nf \u(x. Theorem. Let u = u(x) be an integrable function on a bounded cube Co-Assume there exists a nondecreasing function K(R) and a constant e, 0 < e ^ 1, such that for every parallel subcube C and some constant ac the inequality
holds, R being the edge length of C. Then there is a function v(x) =u(x) a.e. in Co, such that
holds for all points x, y in Co, with Ki depending only on e and n.
The function K(R) may tend to zero as R-»0 in which case v(x) is better than Holder continuous.
Proof. If inequality (3) holds then it will also hold with K(R)
replaced by the constant K(R0). We call this constant K. on a sphere of radius r is of order not less than r"1 for some ?7>0. Probably the most interesting feature of this theorem is that its proof essentially depends only on the behavior of the functions Unix, p) and/(x, z, p) for YPt = l-Forf=0 and dimension « = 2 it is shown that 77 = 1.
Let D be an unbounded domain contained in a half space of ndimensional Euclidean space and let T be the domain in 2«-dimen-
